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Abstract 
Static, spherically symmetric bodies are studied by the use of flat space-time theory of gravitation. 
In empty space a singularity at a Euclidean distance from the centre can exist. But the radius of 
this singular sphere is smaller than the radius of the body. Hence, there is no event horizon, i.e. 
black holes do not exist. Escape of energy and information is possible. Flat space-time theory of 
gravitation and quantum mechanics do not contradict to one another. 
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1. Introduction 
In this paper the theory of gravitation in flat space-time [1] [2] is applied to static, spherically symmetric bodies. 
The study of this paper follows along the lines of article [3]. There can exist a spherically symmetric, singular 
sphere in empty space. But the radius of the singular sphere is smaller than the radius of the body. Hence, this 
singular sphere doesn’t exist. This means that there is no event horizon, i.e., black holes in the sense of general 
relativity do not exist. Information and energy are not lost. Hence, theory of gravitation in flat space-time and 
quantum mechanics do not contradict to one another. The results of this article can also be found in my book [4]. 
It is worth mentioning that the system of differential of a non-stationary, spherically symmetric, collapsing body 
is given in Chapter III of [4]. A solution of these differential equations is not known. We also mention that flat 
space-time theory of gravitation implies no big bang for homogeneous, isotropic, cosmological models. The un-
iverse contracts to a positive minimum (corresponding to the big bang of general relativity) and then it expands 
for all times. This result can be found in the book [4] and in the article [5]. Lastly let us mention the comparison 
of the theory of gravitation in flat space-time with the theory of general relativity [6]. 

In a recent article of Hawking [7] and in the cited references therein, essays to the resolution of the paradox of 
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black holes of general relativity are studied. 

2. Gravitation in Flat Space-Time 
We shortly summarize the theory of gravitation in flat space-time. Let ( )ix  be a four-vector of space-time and 
( )ijη  a symmetric metric tensor of flat space-time with the line-element 

( )2d d di j
ijs x xη= − .                                  (2.1) 

A special case is the pseudo-Euclidean metric where ( )1 2 3, ,x x x  are Cartesian coordinates, 4x ct=  and 
( ) ( )diag 1,1,1, 1ijη = − . The gravitational field is described by a symmetric tensor ( )ijg . The proper-time is de-
fined by 

( )2d d di j
ijc g x xτ = − .                                 (2.2) 

Put 

( ) ( )det , det .ij ijG gη η= =  

Define ( )ijg  by 
kj j

ik ig g δ= . 

The Lagrangian for the gravitational potentials ( )ijg  is given by 

( )
1 2

/ / / /
1
2

mn ik jl ij kl
ij kl m n m n

GL G g g g g g g g
η

 −  = − −   −   
                     (2.3) 

where the bar / denotes the covariant derivative relative to the metric (2.1). Let k be the gravitational constant. Put 

4

4πk
c

κ =  

and define the differential operator of order two 
1 2

/

/

i mn ki
j jk n

m

GD g g g
η

  − =   −  
.                             (2.4) 

Then, the field equations for the potentials from the Lagrangian (2.3) are 

1 4π
2

i i k i
j j k jD D Tδ κ− =                                  (2.5) 

where i
jT  is the total energy-momentum tensor of matter and of the gravitational field, i.e. 

( ) ( )i ii
j j jT T M T G= + . 

It is worth to mention that the energy-momentum of the gravitational field ( )i
jT G  is a tensor contrary to the 

one of general relativity. 
The equations of motion for matter are 

( ) ( )//

1
2

k kl
kl ii kT M g T M= .                               (2.6) 

The derivative of these results can be found in the articles [1] [2] and in the book [5]. 

3. Static Spherically Symmetric Gravitational Field 
Here, we follow along the lines of paper [3]. Let us consider a spherically symmetric body at rest with non-va- 
nishing pressure. 

We set ( ) ( ), , ,ix r ctϑ ϕ=  with ( ) ( )( )22 2diag 1, , sin , 1ij r rη ϑ= − .  
The potential are 
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( ) ( ) ( ) ( ) ( ) ( )
2 2

21 1diag , , sin ,ij
r rg

f r g r g r h r
ϑ

 
= −  

 
.                     (3.1) 

A body at rest has the four-velocity 

( ) ( )0,0,0,iu c h= .                                 (3.2) 

The matter tensor can be written in the form 

( )( ) ( )2 2 2 2diag , , ,i
jT M pc pc pc cρ= −                           (3.3) 

where p  and ρ  are pressure and density of matter. 
We use the abbreviation 

d , etc.
dr
ff
r

=  

and define 
2 2 22

1
12 2
2

r r r r r rf g h f g hfL
f g h f g hg fh

        = − + + − + +              
,             (3.4a) 

2

2 2

4 f f gL
fr g fh

 −
= −  

 
.                             (3.4b) 

Then the energy-momentum tensor of the gravitational field is 

( )( ) ( )( )1 2 1 2 1 2
1 diag , , ,

16
i
jT G L L L L L L

κ
= − − + .                     (3.5) 

The differential equations for the gravitational field have the form 

( )
2 2

2 2
12 2 2

1 d 2 1 2
d 2

rff f f gr L c p
r fr r fg fh g fh

κ ρ
  −

− = − + −  
 

,             (3.6a) 

( )
2 2

2 2
22 2 2

1 d 1 1 2
d 4

rgf f f gr L c p
r gr r fg fh g fh

κ ρ
  −

+ = − + −  
 

,             (3.6b) 

( )2 2
2

1 d 2 3
d

rhfr c p
r hr g fh

κ ρ
 

= − +  
 

.                       (3.6c) 

In addition, there are boundary conditions for r →∞  and for 0r →  which are omitted. Let r0 denote the 
boundary of the spherically symmetric body which gives ( )0 0p r = . 

Put 

( ) ( )0 02 2
0 0

4π d , 4π d
r r

M r r r P r p r rρ= =∫ ∫                      (3.7a) 

then we get the gravitational mass 
3gM M P= + .                                 (3.7b) 

Elementary calculations give by a suitable linear combination of the Equations (3.6) and the boundary condi-
tions 

( ) ( )2 2 2 2
1 20 0

12 3 d 24 d
2

r rr r rf g hfr r L L r c r p r r
f g hg fh

κ
 

+ + = − + − 
 

∫ ∫ .           (3.8) 

It is worth to mention that static, spherically, symmetric bodies with pressure equal to zero do not exist. It 
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holds (see [3]) 

( )( )42
2 40

4π3 dP r T G r
c

∞
= −∫ .                               (3.9) 

The derivation of all these results can be found in the article [3] and in the book [4]. 

4. The Gravitational Field in the Exterior of the Body 
The gravitational field in the exterior of the body, i.e., 0r r≥  is described by the differential equations (see 
(3.6)) 

2 2
2

12 2 2

1 d 2 1
d 2

rff f f gr L
r fr r fg fh g fh

  −
− = −  

 
,                    (4.1a) 

2 2
2

22 2 2

1 d 1 1
d 4

rgf f f gr L
r gr r fg fh g fh

  −
+ = −  

 
,                    (4.1b) 

2 2rhfr K
hg fh
= −                                  (4.1c) 

with 

( )2 23 gkMkK M P
c c

= + = .                               (4.2) 

It follows from (4.1) by the substitution 

K
r

ξ =                                       (4.3) 

2 22

2

d 2 1 11
d 4 4

f h f g hg
f f h f g h
ξ ξ ξ ξ ξ

ξ ξ

        = − + − −              
,                  (4.4a) 

2

2

d 2 1 11
d 2 2

g g f g g hg g
g f f g f g g h
ξ ξ ξ ξ ξ ξ

ξ ξ
    

= − − + − +    
    

,                 (4.4b) 

1 2

2
h hg
h f
ξ  
=  

 
.                                 (4.4c) 

Elementary calculations give the asymptotic solutions, i.e. for r →∞  by the use of the boundary condition 

( )
2 3 4131 2 2 2 2 3

6
K K K Kf A A
r r r r

      ≈ − + − − + − +      
      

                 (4.5a) 

( )
2 3 4311 2 3 4 3

6
K K K Kg A A
r r r r

      ≈ − + − + + + +      
      

                (4.5b) 

( )
2 3 4

1 2 2 2 2K K K Kh A
r r r r

     ≈ + + + + − +     
     

                     (4.5c) 

where the parameter A must be fixed by the use of the interior solution. It is worth to mention that no additional 
parameter arises by the use of general relativity. 

Numerical methods are used to get the solutions in the exterior of the body for different parameters A. For 
small values ( )210ξ −≤  the solutions (4.5) are used and for increasing ξ  the system of differential equations 
(4.4) is numerically solved.  

There are different types of solutions:  
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1) regular solutions, i.e. for all 0ξ ≥  the functions f, g and h exist and are positive. This is in particular the 
case for A ≥ 0.2. 

2) singular solutions, i.e. there exist a critical value c
c

K
r

ξ =  depending on A such that f, g and h do not exist 

or vanish for c
c

K
r

ξ = . This is the case for all negative values and for small positive values of A. It is worth to  

mention that this singularity arises at the Euclidean distance rc from the centre of the body. It is real and not a 
property of the coordinate system as by the use of the general theory of relativity which implies an event hori-
zon. 

All these results can be found in the article [3] and in the book [4]. 

5. Study of Singular Solutions  
We will now study the solutions in case (2) in the neighbourhood of cξ , i.e. cξ ξ≤ . We start from (4.4) and we 
get for the essential part of the solutions near cξ : 

, ,
c c c

f g h
f g h
ξ ξ ξα β γ

ξ ξ ξ ξ ξ ξ
≈ ≈ ≈

− − −
                         (5.1) 

With suitable constants , ,α β γ . This gives near the singularity 

( ) ( ) ( )
0 0 0, ,

c c c

A B C
f g hα β γξ ξ ξ ξ ξ ξ
≈ ≈ ≈

− − −
                      (5.2) 

with positive constant A0, B0, C0. We get by the substitution of (5.1) and (5.2) into the Equation (4.4c) 

( ) ( )

1 2
0

0 2
0

12
c c

C
B

A β γ α

γ
ξ ξ ξ ξ + −

 
≈  − − 

 

implying 

( ) 1 2
0

0
0

1, 2 0
2

C
B

A
γ α

β γ
−  

+ = = > 
 

.                         (5.3a) 

The differential Equation (4.4b) gives by (5.1) and (5.2) 
1β α− <                                      (5.3b) 

without fixing β . The same method yields by the use of (4.4a) 

2 21 1
4 4

α γ α βγ= − − .                               (5.3c) 

The relations (5.3a) and (5.3c) imply 
21 3 4 2 0β β αβ+ − − = . 

Hence we have  
( )

( ) ( ) ( )
2

2
1 3 4

0, , 1 2
2

β β
β α γ β β

β

+ −
≠ = = − .                     (5.4) 

It follows from (5.4) that the inequality (5.3b) is fulfilled for 
0 1β< < .                                     (5.5) 

This inequality is in agreement with (5.4) and 0.γ >  
Summarizing, we have 

( )( ) 1 22
0

0
0

1 3 1 1, 2 , 0 1.
2 2

C
B

A
β β βα γ β
β β

− −  −
= = = < < 

 
                 (5.6) 
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Hence, β and γ are always positive whereas α  is positive for 0 1 3β< <  and negative for 1 3 1β< < . 
The absolute radial velocity of light lv  is near the critical value cξ  

( )
1 2

10

0

~ 0l c
Afv c c

h C
βξ ξ − 

= − → 
 

 

for cξ ξ→ .  
We get by the use of (5.2) and (5.5) that the solution cannot be continued to cξ ξ> . Hence, static, spherically  

symmetric bodies with radius 0 c
c

Kr r
ξ

< =  do not exist. This is quite different to the results of general relativity  

but in analogy to Rosen’s biometric theory of gravitation [8]. 
We will now study a spherically symmetric body with radius cr . 
We get from the relations (5.1) and (5.2) by the use of (4.3) for cr r→  

2
2

4
1

rffr K
fg fh

β α
β

→ −
−

,                             (5.7a) 

2
2

4
1

rgfr K
gg fh

β β
β

→ −
−

,                             (5.7b) 

2
2

4
1

rhfr K
hg fh

β γ
β

→ −
−

.                              (5.7c) 

Therefore, it follows from (5.7) for cr r→  with (4.2) 

( ) ( )2
2

2 2

18 3
2 3

1
r r r k M Pf g hfr
f g h cg fh

β β

β

+ −+ 
+ + → −  − 

. 

Hence, relation (3.8) yields for 0r r=  by the use of (3.5), (3.7a) and the assumption that the energy of the 
gravitational field is non-negative 

( ) ( )
( )( )0

2
42

2 2 2 240

18 3
8 d 24 24

1
rk M P kP kPr T G r

c c c

β β
κ

β

+ −+
− = − − > −

− ∫ .             (5.8) 

It follows from (5.8) 

( )
2

2

13 3
1

M P Pβ β
β

+ −
+ ≤

−
. 

We get from this inequality 

( ) ( )21 3 1 2M Pβ β β β− + ≤ − .                            (5.9) 

The condition P = 0 implies that the mass M = 0 by virtue of 0 1.β< <  Furthermore, relation (5.9) gives 

( )( ) ( )2 21 1 4 7 0M P Pβ β β β− − + ≤ − − + <  

implying 
M P< .                                     (5.10) 

The equation of state  
2 2, 1s sp c cρ= ≤  

gives 
P M≤  

in contradiction to (5.10). 
Hence, there exists no static, spherically symmetric body with Euclidean radius 0 cr r= , i.e. every static, 
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spherically symmetric body has a radius 0 cr r> . 
Summarizing, we can state that static, spherically symmetric bodies have no singular solutions. There exists 

no event horizon, i.e. black holes do not exist.  
This result is in agreement with quantum mechanics in contrast to black holes of the general theory of relativ-

ity. 
The differential equations for a collapsing, spherically symmetric body are given in Chapter III of the book 

[4]. The final state of the solution of these equations cannot be a black hole but a solution of these equations is 
not known. 
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