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Abstract

In this paper, we review historical Maxwell’s equation for gravity
and recent studies on the lack of curvature of linear dipole grav-
itational waves. The extended Newton’s gravity necessarily has
the continuity equation for the conservation of mass, and with the
Gauss’ equation associated to gravitational time depending field R,
bring about a new field W which resembles the magnetic field in
Electrodynamics. Although this field has not been found yet, its
existence comes from a strong mathematical statement, and it is
shown that linear dipole gravitational waves have their origin in
extended Newton theory of gravity. This is a direct mathemati-
cal consequence of Gauss’ law and the continuity equation for the
density of mass and current, and as a direct result of this, any accel-
erated mass will emit mainly dipole gravitational radiation. Then,
one concludes that dipole gravitational waves can have its origin on
the extended Newton’s gravity equations.
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1. Introduction

Gravitational field is one of the most important fields created by Na-
ture which has (so far) pure attractive effect among anything with
mass or energy [1,2], and its associated force between two objects is
radial, proportional to the product of the masses of the objects, and
inverse proportional to the square of the separation of the objects. In
addition, this law does not change due to the presence of a third objec-
t [3]. This Newton’s finding brought about the concept of gravitational
field R, the Gauss’ law associated to it [4], V - R = 4mp being p the
density of mass, and the potential theory for the solution of Poisson’s
equation [5], V2® = —4mp with R = —V®. One hundred years later
and after huge success of Maxwell’s equations in Electrodynamics [6],
Heaviside [7-9] postulated, without any mathematical or experimen-
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tal justification, a field h to force gravitational equations of the form
Maxwell’s equations. It was Einstein [10] who though about gravity in
different way, as a deformation of the space-time (manifolds) formed
by the presence of mass, and ripples on this manifold due to gravita-
tional quadrupole waves, and its theory was called General Relativity
(GR). Since Heaviside’s approach lacks of mathematical justification
and was done for a very particular case (fluid), it can not be consid-
ered as a deduction of Maxwell’s equation for gravity. However, the
idea settled there was that Maxwell-like equations for gravity maybe
could be arisen without GR theory.

In general relativity, using perturbation theory [11,12], or the de-
composition of the Weyl and Maxwell tensors in electric and mag-
netic parts [13-20], the so called Gravito-Electromagnetism (GEM)
emerges, as a result of these approaches, which is the expression of
the equations to describe the gravitational field as a Maxwell-like type
of equations. In a similar axiomatic form, Yaroslav [21] has recent-
ly show the deduction of Maxwell-like equations for gravity without
GR, where perihelion of Mercury and bending of light by massive ob-
ject are presented. It also worths to mention works based on Hodge
theory and differential forms [22], where a similarity with the elec-
tromagnetic permittivity and permeability was found. The idea of
having a magnetic-like gravitational field in GR was reinforced due
to Lense-Thirring effect [23,24], where the angular momentum of a
rotating body can be interpreted as a gravitational magnetic field, at
large distances. Then, one could have the wrong conclusion that GR
is needed in order to see a gravitational field like GEM. On this pa-
per, it is used the mathematical deduction made by Lépez [25] of the
Maxwell’s equations for gravity on flat space-time, which arises as a
consequence of the continuity equation for the mass density and the
usual Gauss’ theorem, and it is pointed out that linear gravitational
waves have its origin in the extended Newton’s theory of gravity.

2. Maxwell’s Equation for Gravity

In reference [25], it is shown that due to Gauss’ theorem for the gravi-
tational field R, V-R = 4mp, and the continuity equation for the mass
density, p, and density current J, dp/0t+V -J = 0, for explicitly time
depending variables, there must exist an additional gravitational field
W such that the Maxwell’s equation appears naturally for gravity

V-R =4nGp (1)
10W
=22 2
VxR S 5t (2)
V-W=0 3)
4rG 10R

where A is the speed of gravity propagation, and J is the density of
current (G ~ 6.674 x 10~ m?/Kg - s? is the gravitational constant).
Now, given p and J, the resulting decoupled equations for R and W
are the inhomogeneous wave equations

1 0°R 4G 0J
VR - = = 47G(Vp) + — = 5
v e ATV T 5)

and 52 o
1 0°W 47
2

W-——7 =—— J 6
v N o NV (6)
DOLI: 10.4236/jamp.2020.88110 1450 Journal of Applied Mathematics and Physics


https://doi.org/10.4236/jamp.2020.88110

G. V. Lépez

where one can see the A is effectively the speed of gravity propagation.
As in ordinary Maxwell’s equation for electrodynamics, the fields R
and W can be written in terms of an scalar potential ® and vector
potential A as

10A
ST (7)

and with the usual Lorentz’ norm ( V- A 4+ 0®/9At=0), one gets that
® and A satisfy inhomogeneous wave equations

W=V xA, and R=-Vo -

_lo%
A2 Ot2

1 9%2A _ ArG

2
o T
v A2 ot? A

= —4nGp, and V3A J, (8
emphasizing the wave characteristics of gravity. The Poyting vector S
and the density of gravitational energy u, are well defined quantities

given by

A

1
= !

S R x W), and Ug = % (].:{|2 + |W|2)7 (9)

satisfying the continuity equation

Ouy

-S
V-S+ ot

—0. (10)

This implies that the gravitational energy velocity is

S RxW

) AT A
Vi T TR+ WP

and the power emitted by gravitational field int he direction f is

Fy= oy Rx W) h, (12)

where i = x/|x| is the vector pointing out of the surface of an sphere
centered on the particle position and having a radius r = |x|.

3. Newtonian Gravitational Waves

It is known that the particular solution of the equations in (8) are
given by the convolution of the inhomogeneity with the fundamental
solution of the wave equations [26],

B(x,t) = —47G(E * p), A(x,t):f?(g*.]), (13)

where £ is the fundamental solution,

1 6(t—|x|/A)
Ext)=———-—""—=. 14
(68) =~ g (14)
This brings about the known retarded potentials
N6t —t — |x —x|/\
@(X,t) — G/ p(X ) ) ( /|X X ‘/ )d?’x'dt’ (15)
QxR Ix — x|
and
J Yot —t —|x—x|/A
Ax,t) = — (o, )6 ,|X XN prar, (16)
A Jaxw x — x|
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where Q2 C %3 is the domain where p and J are defined. For a point
object of mass m which is moving arbitrarily, having the position x,, (t)
and velocity v, (t), with p(x’,t') = mé(x’ — x,,(t')) and J(x',t') =
MV, ()8 (x’ —xpm(t')), a Liénard-Wiechert potentials are gotten, and
the resulting gravitational fields are of the form

R:RB+RB? W=r1xR, (17)

where r = x — x’ is the vector going from the object position x/,
to the observer position x , + = r/|r| is the unitary vector, and the
gravitational fields R and R are

R, = Gm(t — 2(1: B?) (18a)
r?2(l—r-p)3 t'=t—r/\
and . .
R, _ Gmix[(E-F) x7] (18b)
PN 1= B3 i

being § = v, (t)/A the normalized velocity of the object, and #' is the
retarded time. The gravitational power emitted by the accelerated
object per solid angle is (Figure 1)

APy . . s .
S =1k A)(S ), (19)

and using (12), (17), and (18b), one gets

" dmn (-1 9y (20)

Thus, any object of mass m which is accelerated will emit gravita-
tional radiation. Of course, the object must have a huge mass in order
for this radiation to be observed, and any periodic motion of a body of
mass m will emit gravitational periodic waves. This result contrast a
lot with the given by General Relativity since in this theory the object
must have a quadrupole configuration in order to emits gravitational
energy [27-29], and the gravitational waves emitted are of quadrupole
type waves.

r(t')

% (¢) % e

Y
e,

Figure 1. Gravitational field of a body of mass “m” with an arbitrary
motion.
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If one has an accelerated charged particle of mass m, this particle
will emits electromagnetic [30] and gravitational (20) energy such that
the ratio of electromagnetic to gravitational energy emitted is

(dP/dQ)e q 2
(dPg/dQ§ - (47760Gm> . (21)

where ¢p = 8,854 x 10712 F/m is the constant dielectric of the vacuum.
For the electron, |g.| = 1.6 x 10~°C, this ratio is of the order of 1039,
regardless of its acceleration, that is, the electromagnetic radiation
totally dominate the gravitational radiation. In order for a object of
mass m and charge ¢ to emits the same gravitational energy as the
electromagnetic energy emission, it would require that its mass would
be m ~ q/4menG.

4. Conclusion and Comments

Within the above approach, it was shown that Maxwell’s equations
for gravitational field appear without having any relation at all with
General Relativity or space-time curved. This is just due to Gauss’
theorem and the continuity equation for density of mass and current
which allowed to have the existence of a new gravitational field W,
with similar properties properties to the magnetic field in Electrody-
namics. However, experimental verification of the existence of this new
gravitational field is required, although its mathematical existence is
out of question. Thus, it is absolutely astonishing the existing closely
relation between post Newtonian gravity theory and Electrodynam-
ics theory, indicating that a space-time curved is not needed for the
description of linear dipole gravitational waves. Of course, non-linear
and some linear (mainly of quadrupole type) gravitational waves are
described by general relativity. In addition, one needs to point out
that the energy associated to gravitational field or gravitational waves
is a well defined concept, and dipole linear gravitational waves appears
from this extended Newtonian gravity theory. In summary, gravita-
tional waves radiation appear for any accelerated object of mass m,
and dipole type of radiation is always expected. Finally, with respect
the resent claimed gravitational waves detections [31-33], maybe it is
possible to see the dipole linear gravitational waves here. However,
this statement would require a deep careful experimental analysis.
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