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Abstract 

In this paper, we combined magnetostatics and laminar flow in microfluidics 
and studied a particle separation scheme employing magnetophoretic force in 
inhomogeneous magnetic field. A detailed model and analysis is shown and 
the proposed scheme is capable of efficiently separating magnetic particles 
with different permeability and sizes. The method shows a way to separate ef-
ficient particles and could potentially be implemented in biological and 
chemical systems. 
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1. Introduction 

Separating different kinds of chemicals or biological particles from a mixture is 
often an important and significant step in conducting research and manipulating 
a specific type of particle. By harnessing the unique properties of microfluidics, 
techniques have been developed for fast and efficient separation and sorting in 
diagnostics, chemical and biological analyses, food and chemical processing, and 
environmental assessment [1] [2] [3] [4] [5]. Various methods using different 
mechanism have evolved, including dielectrophoresis, inertial microfluidics, 
acoustics, and optics [6] [7] [8] [9] [10]. Conversely, using magnetophoretic 
force to control the movement of particles in fluid is a convenient technique to 
separate micro- and nano particles in fluid under an inhomogeneous magnetic 
field. Magnetophoretic force is exerted on a magnetic particle induced by the 
gradient of an inhomogeneous magnetic field. Through this method, particles 
can be easily separated without physical contact with fluid and particles.  
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In this paper, we will introduce the basics of applying magnetophoretic force 
for particle separation and propose a model to simulate the separation of two 
particles with different properties in a microfluid channel using this method. 

2. Theoretical Background 

Our model requires two different physics interfaces with the first one being 
magnetostatics. The Gauss’s law for magnetism is the following. 

0B∇⋅ =                              (1) 

This law states that the total magnetic flux through a closed surface is zero. 
This indicates that the magnetic field has no source, and field lines must be 
closed. In other words, it implies that the magnetic monopole does not exist. As 
a result, another equation is necessary to solve the magnetic field. Max-
well-Ampère’s law without electric field states the relationship between the 
magnetic field (H) and current density (J) [11]: 

H J∇× =                             (2) 

The magnetophoretic force is the force that imposes permeable particles to-
ward regions where the magnetic field is inhomogeneous. This force is applica-
ble for particles which are neutral and with a relative permeability are different 
from the background fluid. The magnetophoretic force is expressed as the fol-
lowing equation [12]: 

23
0 ,2πm p r fF r K Hµ µ= ∇                      (3) 

where H is the magnetic field, μr,f is the relative permeability of the fluid, μr,p is 
the relative permeability of the particle, and K is the Clausius-Mossotti factor, 
defined as: 

, ,

, ,2
r p r f

r p r f

K
µ µ
µ µ

−
=

+
                        (4) 

The Stokes drag force, which is proportional to the relative velocity between 
the particles and the fluid is expressed as the following [13]: 
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where mp is the particle mass in unit of kg. μ is the fluid viscosity with unit of 
Pa·s. ρp is the particle density with unit of kg/m3. dp is the particle diameter with 
unit of m. vp is the velocity of the particle in unit of m/s, and uf is the fluid veloc-
ity in unit of m/s. 

3. Model Establishment 
3.1. The Geometry of the Model 

The model is two dimensional instead of three dimensional, since it is easier to 
simulate and can show the mechanism behind it. We first build the model by 
creating the background of the simulation and the Y-shaped fluid channel used 
for separating particles in the fluid into two streams. The background is a 2000 × 
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4000 μm rectangle and is filled with air. Next, a Y-shape is in the background we 
previously built. The width of the path for this fluid channel is 200 μm through-
out the entire path. The length of the main path is 2000 μm, and the length of 
the branches is 500 μm. This shape would be the fluid channel that allows fluid 
to flow inside from the left and exit through two ends at the right. Then, we 
draw eight rectangular shapes above the Y-shape and keep a small distance be-
tween the rectangles and the Y-shaped fluid channel. These boxes serve as mag-
nets to generate the magnetic field in our model. Each magnet has the size of 500 
× 100 μm, separated by 100 μm from each other. The corners of the magnets and 
the fluid channel are also smooth, so the computation complexity of the force 
and field would be reduced. A sketch of the geometry of our model is shown be-
low in Figure 1.  

3.2. The Magnetic Field 

We first set the background of the magnetic property. The boundary of the 
background is set to be magnetic insulative, so the magnetic field can only be 
calculated inside the domain bounded by the boundary of the background. The 
initial value of the magnetic field within the domain is set to zero, which means 
that there is no magnetic field at the initial state other than the field that will be 
generated by the magnets. The permeability of the background is set to μ0, which 
is the permeability of free space. For the magnets, the remanent flux density is 
set to 1 T in y-direction, so the direction of magnetization of particles could re-
sult in a force difference in the vertical direction, which therefore separates the 
particles vertically. The relative permittivity of our domain is set to 1. Since no 
electric filed will be involved in our simulation, the value of permittivity will not 
alter the result of the simulation. 

3.3. Microfluid in Laminar Flow 

First, we set the global properties and reference values of the fluid. The fluid is 
set to be an incompressible laminar flow, which means no turbulence will be in-
volved, and the density of fluid remains constant. The pressure and temperature 
are set under normal room condition, which are 1 atm and 293.15 K, respective-
ly. In this model, we use water as the fluid, which applies density and dynamic 
viscosity of water into our simulation. 
 

 
Figure 1. The geometry of the model under investigation. The fluid and particles are in-
jected from the left inlet. 
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The left end of the fluid channel is defined as inlet of water, and initial velocity 
is set to 250 μm/s to the right. Water will flow through the fluid channel from 
inlet to two outlets at the right end of the Y-shaped fluid channel. At the wall of 
the fluid channel, the velocity of the fluid is set to zero. 

3.4. Particle Tracing in Fluid Flow 

We place two different kinds of particles with different sizes and relative per-
meability at the inlet of the fluid channel. Particle 1 has a diameter of 15 μm and 
a permeability slightly higher than the permeability of free space, while particle 2 
has a diameter of 10 μm and a permeability lower than the permeability of free 
space. Both of them have a density of 1050 kg/m3, however, due to the relatively 
small mass, the effect of gravity on these two particles cannot be ignored. The 
drag force on the particles is applied based on Stokes’ law through the introduc-
tion of properties of the fluid, so the particles will move along with the flow of 
the fluid flow and exit through the outlets. Then, the magnetophoretic force on 
the particles could be calculated by applying the magnetic field, the fluid proper-
ties, and the particle properties. Thus, we could conduct the simulation and 
generate trajectories of the two different types of particles. 

4. Results and Discussions 

Figure 2 shows the magnetic field that results from the remanent flux density of 
the magnets. It also shows that all the magnetic field lines are closed curves, 
which is in line with Gauss’s law for magnetism.  

Figure 3 and Figure 4 show the velocity and pressure of fluid inside the fluid 
channel, respectively. According to the defined boundary, the velocity of the 
fluid is zero at the wall of the fluid channel, which could be seen from the blue 
color near the wall of the fluid channel. The velocity at the center of the channel 
reaches its maximum value of 350 um/s. The pressure goes down almost linear 
along the fluid flow and is zero at the two outlets where no external pressure is 
imposed. 
 

 
Figure 2. The magnetic field strength near the magnets and the contour plot of the mag-
netic field lines generated by the magnets. 
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Finally, particle trajectories (denoted as red and blue) under the influence of 
magnetophoretic force are shown in Figure 5. These particles are assumed to be 
released at the center of the inlet. As they propagate along the channel, the mag-
netophoretic force applied in the y-direction alters their path according to their 
relative permeability. After the impact of magnetophoretic force, the two par-
ticles go into different outlets as desired. 
 

 
Figure 3. The velocity of fluid inside the fluid channel. 

 

 
Figure 4. The pressure distribution of fluid inside the fluid channel. 

 

 
Figure 5. The trajectories of two particles in the fluid. 
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5. Conclusion 

In conclusion, we have proposed an efficient scheme for particle separation in 
microfluidics under the influence of the inhomogeneous magnetic field. The 
method discussed different field distribution and particle trajectories in detail. 
Further study could be performed on different particle and fluid channel designs 
for future lab-on-a-chip devices. 
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